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◗ Simulation of Walking
Frank C. Anderson, Allison S. Arnold, Marcus G. Pandy,
Saryn R. Goldberg, and Scott L. Delp

Many elements of the neuromusculoskeletal system in-
teract to enable walking. Scientists fascinated by human
movement have performed an extensive range of stud-
ies to describe these elements, e.g., to identify the pro-
cesses involved in neuromuscular activation, characterize
the mechanics of muscle contraction, describe the geomet-
ric relationships between muscles and bones, and quan-
tify the motions of joints. Clinicians who treat walking
abnormalities in individuals with cerebral palsy, stroke,
and other neuromusculoskeletal disorders have exam-
ined the electromyographic (EMG) patterns, gait kinemat-
ics, and ground reaction forces of literally thousands of
patients, both before and after treatment interventions.
However, synthesizing detailed descriptions of the neu-
romusculoskeletal system with gait measurements to cre-
ate an integrated understanding of normal gait, to iden-
tify the sources of pathologic gait, and to establish a
scientific basis for treatment planning remains a major
challenge.

Using experiments alone to meet this challenge has
two fundamental limitations. First, important variables,
including the forces generated by muscles, are not read-
ily accessible in experiments. Second, even when variables
can be measured accurately, it is often difficult to establish
cause-effect relationships. As a result, elucidating the func-
tions of muscles from experiments is not straightforward.
For example, ground reaction forces (see Chapter 4) can
be measured and used to estimate the accelerations of the
body’s center of mass. However, force plate measurements
alone offer little insight into how muscles contribute to
these accelerations, and therefore to the critical tasks of
supporting and propelling the body forward. EMG record-
ings (see Chapter 6) can indicate when a muscle is active,
but examination of EMG recordings does not allow one to
determine which motions of the body arise from a mus-
cle’s activity. Indeed, determining how individual muscles
contribute to observed motions is not necessarily intuitive,
as explained below, because a muscle can accelerate joints
that it does not span and body segments that it does not
touch (105).

A theoretical framework is needed, in combination with
experiments, to advance our understanding of neuromus-
culoskeletal function during walking, e.g., to uncover the
principles that govern the coordination of muscles dur-
ing normal gait, to determine how neuromuscular impair-
ments contribute to abnormal gait, and to predict the func-
tional consequences of treatments. It is imperative that this
framework reveals the cause-effect relationships between
neuromuscular excitation patterns, muscle forces, ground
reaction forces, and motions of the body. A dynamic sim-
ulation of walking that integrates facts about the anatomy
and physiology of the neuromusculoskeletal system and
the mechanics of multi-joint movement provides such a
framework.

What is a dynamic simulation of movement, and how
can it complement experimental studies of walking? A dy-
namic simulation is, in essence, a solution to a set of equa-
tions that describe how the forces acting on a system cause
motions of the system over time, as governed by the laws of
physics. A “muscle-driven” dynamic simulation of walking,
therefore, describes how the forces produced by muscles
(and other sources of force, such as gravity) contribute to
motions of the body segments during the gait cycle.

The process for developing, testing, and analyzing
a muscle-driven simulation of movement involves four
stages (Figure 12-1). Stage 1 is to create a computer model
that characterizes the dynamic behavior of the neuromus-
culoskeletal system with sufficient accuracy to answer spe-
cific research questions. The models that we, and others
have developed typically include detailed descriptions of
musculoskeletal geometry and equations that describe the
activation and force production of muscles and the multi-
joint dynamics of the body. Stage 2 is to find a set of muscle
excitations which, when applied to the model, generate
a simulation that reproduces the movement of interest.
Stage 3 is to verify that the simulation is indeed repre-
sentative of the movement of interest by comparing the
results of the simulation to experimental data. Stage 4 is
to analyze the simulation to answer the research or clinical
questions posed.
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FIGURE 12-1. Stages involved in creating and analyzing a simulation of walking. A rigorous assessment
of muscle function during walking requires (1) a model of neuromusculoskeletal dynamics, typically
formulated as a set of equations that relate accelerations of the limb segments to the forces generated
by muscles and other external forces, such as the force of gravity, (2) a simulation of the gait cycle,
obtained by applying a set of muscle excitations to the model and integrating the equations of motion
forward in time, (3) tests to verify that the simulation is sufficiently accurate to answer specific research
questions, generally performed by comparing aspects of the model and simulation to experimental data,
and (4) analyses of the simulation to determine how individual muscles generate forces and contribute
to motions of the body.

A muscle-driven dynamic simulation provides unique
capabilities that complement experimental approaches.
Simulations provide estimates of important variables,
such as muscle and joint forces, which are difficult to mea-
sure experimentally. Simulations also enable cause-effect
relationships to be explained. For instance, the contribu-
tion that a muscle makes to the ground reaction force can
be calculated. A simulation also allows “what if?” studies
to be performed in which, for example, the excitation pat-
tern of a muscle can be changed and the resulting motion
can be observed. These capabilities provide new ways to
characterize the functions of muscles during walking and
other tasks.

Why are simulations needed to characterize the func-
tions of muscles during walking? Simulations are needed
because experimental approaches to infer a muscle’s ac-
tions, based on the muscle’s attachments, EMG activity,
and measured motions of the body, do not explain how the
forces produced by the muscle accelerate the body seg-
ments and contribute to motions of the joints. When a
muscle applies a force to a segment, that segment is ac-

celerated (Figure 12-2). The acceleration of the segment is
resisted by the inertia of adjoining segments, giving rise to
intersegmental forces at the joints. These intersegmental
forces are transmitted from one segment to another due to
the “coupled” multi-articular nature of the body. The trans-
mission of these intersegmental forces, often referred to as
dynamic coupling, means that a force applied to one body
segment accelerates all body segments, not just the seg-
ment to which the force is applied. The relative magnitudes
of the intersegmental forces at the joints depend, in part,
on the mass and inertial properties of the segments be-
ing accelerated. For example, intersegmental forces at the
hip that arise from accelerations of the thigh are generally
greater than intersegmental forces at the metatarsopha-
langeal joints that arise from accelerations of the toes be-
cause the thigh is more massive than the toes. The mag-
nitudes and directions of the intersegmental forces also
depend on the applied muscle force and the configuration
of the body.

How significant are the intersegmental forces induced
by muscles during walking? In particular, are these forces
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of the equations yields the time histories of all state vari-
ables in the model, including the muscle activations, mus-
culotendon forces, and joint angles.

Finding a set of muscle excitations that produces a co-
ordinated movement can be challenging. This is especially
true for a movement as complex as walking. Not only
must many degrees of freedom be controlled (e.g., 23 in
the case of the musculoskeletal model described above),
but also the time-dependent, nonlinear force-generating
properties of muscle must be taken into account. To
meet this challenge, dynamic optimization can be used
(e.g., 4,5,23,44,55,56,65,103).

Dynamic optimization is a mathematical approach for
finding a set of control values (e.g., the time histories of
muscle excitations) for a dynamic system (e.g., a dynamic
musculoskeletal model) that minimizes or maximizes a
time-dependent performance criterion, possibly subject to
constraints. To simulate walking or other multi-joint move-
ments, a variety of performance criteria can be formulated.
One approach is to solve an optimal tracking problem (e.g.,
23,56). In this approach, the performance criterion is spec-
ified based on the difference between simulated and experi-
mentally determined quantities, such as joint angles, joint
powers, and ground reaction forces. By minimizing the
performance criterion over the period of the simulation,
the model is driven explicitly to reproduce experimental
data. In other formulations, a set of muscle excitations
might be found that minimizes or maximizes the model’s
performance of some hypothesized motor goal.

We have used this goal-based approach, in combination
with the musculoskeletal model described above, to gener-
ate a muscle-driven simulation of walking (5). We hypoth-
esized that the locomotor patterns of healthy individuals
result from minimizing metabolic energy expenditure per
unit distance traveled. This hypothesis is supported by
measurements of metabolic energy consumption and ob-
servations of preferred walking speeds (76). The perfor-
mance criterion (J ) was therefore formulated as follows:

J =

tf∫

0
Ė M

total

Xcm(tf ) − Xcm(ti )
+ penalty terms, (4)

where Ė M
total is the rate at which total metabolic energy is

consumed in the model and Xcm(ti ) and Xcm(tf ) denote
the position of the model’s center of mass at the initial and
final times of the simulated gait cycle, respectively. The
penalty terms were appended to increase the value of the
performance criterion if any of the joints hyperextended
during a simulation. Ė M

total was computed by adding the
basal metabolic heat rate of the whole body to the acti-
vation heat rate, maintenance heat rate, shortening heat
rate, and the mechanical work rate of each muscle in the
model. These rate terms were computed from the muscle
activations, forces, shortening velocities, and other states

of the model (16). To enforce repeatability of the gait cycle,
we specified a number of terminal constraints. Specifically,
the values of the joint angular displacements, joint angu-
lar velocities, muscle forces, and muscle activations at the
end of the simulation were required to be the same as the
values at the beginning. The values of the state variables
at the beginning of the simulation were based on averaged
experimental data.

Thus, the dynamic optimization problem that we solved
was to find time histories of the muscle excitations that
minimized J (Eq. 4) and met the constraints imposed
to enforce repeatability. To solve this problem, we imple-
mented a parameter optimization algorithm on parallel
supercomputers (8,62). We applied the resulting muscle
excitations to the dynamic model, integrated the equations
of motion forward in time, and generated a simulation of
walking. The locomotor pattern predicted by the optimal
solution (Figure 12-5) successfully reproduced the salient
features of normal gait.

STAGE 3: TESTING THE ACCURACY
OF DYNAMIC SIMULATIONS

Before a simulation of movement can be analyzed, the sim-
ulation and the underlying model should be tested. In par-
ticular, it is important to verify that the dynamic behavior
of the neuromusculoskeletal system is represented with
sufficient fidelity to answer the research questions posed.
For example, if the actions of individual muscles are of in-
terest, the model should accurately characterize the mus-
cle moment arms for the ranges of body positions assumed
by the model during the simulation. Confidence in the mus-
cle moment arms can be gained by comparing the mo-
ment arms predicted by the model to the moment arms
determined experimentally from image data (e.g., 43) or
from cadaveric specimens (e.g., 13,24). Confidence in the
moment-generating capacities of muscles can be gained by
comparing the maximum isometric joint moments gener-
ated by the model to the moments generated by human
subjects (e.g., 4).

A simulation of movement can be tested by comparing
quantities predicted by the simulation to quantities deter-
mined experimentally in the laboratory. For instance, the
muscle excitation patterns, joint angles, joint moments,
and ground reaction forces from a simulation of walking
can be compared to EMG, kinematic, and kinetic data ob-
tained from gait analysis. The similarity between predicted
and measured values of metabolic energy consumption
can also be assessed.

We have made detailed comparisons of the walking sim-
ulation, described above, to experimental data from five
subjects (5). In most cases, the joint angles predicted by
the simulation were within one standard deviation of the
joint angles measured for the subjects. The simulated and
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may contribute to crouch gait, and strengthening these
muscles, particularly the gluteus maximus, may help to
improve both hip and knee extension. Abnormal forces
generated by spasticity or contracture of the iliopsoas may
also cause crouch gait in some cases, since these muscles
have a large potential to accelerate the knee toward flexion
(Figure 12-9).

The potential of the biarticular hamstrings, rectus
femoris, and gastrocnemius muscles to induce angu-
lar accelerations of the knee during single-limb stance
was small relative to other muscles (Figure 12-9). This
was caused by dynamic coupling. Each of these mus-
cles generated a moment about the knee and a moment
about an adjacent joint, and these moments induced
opposing accelerations of the knee. For example, the
knee flexion moment generated by hamstrings acted to
accelerate the knee toward flexion, but the hip exten-
sion moment generated by hamstrings acted to acceler-
ate the knee toward extension. During the stance phase,
in fact, the hamstrings had the potential to weakly acceler-
ate the knee toward extension in our model. This occurred
because the hamstrings’ hip extension moment accelerated
the knee toward extension more than the hamstrings’ knee
flexion moment accelerated the knee toward flexion. This
unexpected result suggests that abnormally short or spas-
tic hamstrings, a reputed cause of crouch gait, may not be
the direct source of excessive knee flexion in some patients.

Our analysis of the muscle-induced accelerations of the
knee, as described in this example, has clarified some of the
actions of muscles during walking and has identified fac-
tors that are likely to contribute to excessive knee flexion
in persons with cerebral palsy. This work emphasizes the
need to consider how muscular forces contribute to multi-
joint movement when attempting to identify the causes of
a patient’s abnormal gait. Another method for characteriz-
ing the actions of muscles during movement is described
in the next example.

Example 3: Perturbation Analysis to Quantify Muscle
Actions in Double Support

Knee flexion velocity at toe-off is an important factor
in generating swing-phase knee flexion during normal gait
(53,73). Low knee flexion velocity at toe-off is a potential
contributor to stiff-knee gait, a movement abnormality as-
sociated with stroke and cerebral palsy in which swing-
phase knee flexion is diminished. Stiff-knee gait is com-
monly attributed to excessive activity of the rectus femoris,
which is thought to limit knee flexion by producing an
excessive knee extension moment during swing (71,91).
However, we have shown that many individuals with stiff-
knee gait do not exhibit excessive knee extension moments
during swing phase, but instead walk with a low knee flex-
ion velocity at toe-off (38). During normal gait, just prior to
toe-off, knee flexion velocity increases dramatically during
double support. If the muscles that produce angular accel-

erations of the knee during double support were known,
then perhaps treatments to correct stiff-knee gait could be
designed more effectively.

Comparisons of EMG recordings and measured gait
kinematics have suggested that gastrocnemius, popliteus,
and occasionally gracilis contribute to knee flexion during
the late stance phase (72). Rectus femoris (72) and, in some
cases, vasti (101) are also active during this period and are
thought to limit knee flexion. However, the potential of
these and other muscles to produce knee flexion or exten-
sion during walking cannot be deduced from kinesiologic
observations alone. We have used the muscle-driven simu-
lation of walking, described above, to identify the muscles
that influence knee flexion velocity during double support
and to determine which muscles have the greatest poten-
tial to alter this velocity (37).

In a muscle-driven simulation, joints are accelerated
because of muscle forces. If a muscle’s force is altered,
or “perturbed,” by a small amount during a simulation,
the resulting changes in the motions of the joints can be
quantified (i.e., by reintegrating the equations of motion
forward in time). This technique, called perturbation anal-
ysis, is useful for investigating how individual muscles or
other elements of a model influence the angular displace-
ments and velocities of the joints. We used this technique
in this example.

We quantified the actions of individual muscles in
our simulation by systematically perturbing each mus-
cle’s force in double support and calculating the resulting
changes in peak knee flexion velocity (Figure 12-10). We
altered the muscle forces in two ways. First, we increased
the force in each muscle by a percentage of the muscle’s
unperturbed force. The resulting change in knee flexion
velocity depended on the muscle’s unperturbed force and
characterized how much that muscle’s force influenced
peak knee flexion velocity during the simulation. Second,
we increased the force in each muscle by a fixed amount
in Newtons. Using this approach, the resulting change in
knee flexion velocity per unit force was independent of the
muscle’s unperturbed force, and characterized the poten-
tial of the muscle to influence knee flexion velocity based
on the muscle’s moment arms and the inertial properties
of the body.

Analysis of the simulation revealed that iliopsoas and
gastrocnemius were the largest contributors to peak knee
flexion velocity during double support (Figure 12-11A).
Each of these muscles exerted relatively large forces in the
simulation, and each had a large potential to increase knee
flexion velocity (Figure 12-11B). The forces generated by
vasti, soleus, and rectus femoris, by contrast, decreased
knee flexion velocity (Figure 12-11A). Vasti decelerated
knee flexion the most. This is because vasti had the largest
potential to decrease knee flexion velocity (Figure 12-
11B), and because these muscles developed passive forces
during double support. Soleus also exerted large forces
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idealized muscles. Nearly two decades passed before Davy
and Audu (23) and then Yamaguchi and Zajac (104) pub-
lished significantly advanced muscle-driven simulations of
walking. Over the last few years, there has been a dramatic
increase in the number and complexity of walking simu-
lations, enabled, in large part, by new modeling software
and increases in computer speed. To date, simulations of
normal gait have been developed and analyzed to estimate
the forces produced by muscles (e.g., 7), to determine how
individual muscles support the body (56,58), accelerate
the joints (44,45), and distribute energy among the limb
segments (58,59), and to evaluate theories of neuromo-
tor control (36,40,61,92,106). Muscle-driven simulations
have also been created and used to evaluate exercise pro-
tocols for persons with spinal cord injury (84) and patients
with patellofemoral pain (57), to examine the influence of
foot positioning and joint compliance on the occurrence
of ankle sprains (102), to assess computational prototypes
of knee implants (74), and to investigate causes of stiff-
knee gait (3,37,73,78). These studies, and the examples
presented in this chapter, demonstrate the utility of
muscle-driven simulations for elucidating the functions
of muscles during movement and, potentially, improving
the outcomes of treatments for persons with neuromuscu-
loskeletal impairments.

Although models of the musculoskeletal system have
become more sophisticated and novel approaches for
analyzing simulations have been developed, rigorous
dynamics-based techniques for determining which impair-
ments contribute to the abnormal gait patterns of persons
with neuromusculoskeletal disorders do not exist. We be-
lieve that the limitations of current models and analyses
must be addressed before simulations can be widely used
to guide treatment decisions for patients. Some of the im-
portant issues to be resolved in future studies are outlined
below.

Modeling Challenges

Models that more accurately and efficiently characterize
the musculoskeletal geometry and the joint kinematics of
individual subjects need to be developed. This is impera-
tive because the results of simulations are often sensitive
to the accuracy with which the lengths and moment arms
of muscles can be estimated. Studies of muscle function
during walking have typically relied on “generic” models
of adult subjects with normal musculoskeletal geometry.
We have modified generic models to represent bone defor-
mities (10-12), osteotomies (30,83), and tendon transfer
surgeries (27). However, more work is needed to under-
stand how variations in musculoskeletal geometry due to
size, age, deformity, or surgery might influence the predic-
tions of a model, and to determine when, and under what
conditions, simulations based on generic models are ap-
plicable to individual patients. One approach might be to

develop subject-specific models from magnetic resonance
images or ultrasonography scans (e.g., 43,51,86,99). How-
ever, this approach may not always be practical. An alterna-
tive approach that combines medical images with generic
musculoskeletal models, we believe, offers a promising,
tractable way to construct models that are representative
of patients. For instance, it may be possible to transform
a generic model to represent a range of individuals with
cerebral palsy using multi-dimensional scaling techniques,
algorithms for deforming bones, and a few subject-specific
parameters derived from image data or experimental mea-
surements (11,20). We have begun to develop and evaluate
such models (10,11), and we believe that additional efforts
are warranted.

The equations for musculotendon dynamics that we
have used in simulations must be further tested. While ex-
isting models capture many features of muscle force gen-
eration in unimpaired subjects, they do not account for
adaptations that can occur in persons with neuromuscu-
lar disorders or alterations that might occur after surgery.
We have developed models that attempt to account for de-
creases in the muscle fiber lengths that may occur with
contracture (28). However, muscle-tendon models that ac-
count for structural changes in the extracellular matrix
that may occur with chronic spasticity (49), or alterations
in force transmission due to scar tissue (14) are not yet
generally available. Muscle-tendon models that character-
ize the effects of pathology, surgery, and other treatment
modalities on the time course of muscle force generation
are needed to assess the impact of these effects on move-
ment and neuromotor control.

Simulation Challenges

Using dynamic optimization to determine the muscle
excitation patterns needed to simulate complex three-
dimensional movements, such as walking, incurs great
computational expense. The dynamic optimization solu-
tion for normal walking presented in this chapter required
over 5000 computer processor hours to compute, and re-
lied heavily on the use of parallel supercomputers (5).
Although approaches for solving dynamic optimization
problems are improving (41,47,54,96), this process is still
very slow— at best, a solution for pathological gait might
be obtained in a few days or a week. If dynamic simula-
tions are to guide treatment decisions, then efficient com-
putational algorithms for generating subject-specific sim-
ulations must be developed.

Fortunately, alternatives to dynamic optimization are
emerging. Adaptations of traditional robotics control tech-
niques appear to be particularly promising (e.g., 93,95). A
technique called computed muscle control, for example,
has been used to generate a simulation of bicycle ped-
aling approximately 100 times faster than conventional
dynamic optimization approaches (93). We believe that
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this technique will soon enable subject-specific simula-
tions of walking to be generated in a few minutes.

Perhaps the most profound limitation of the simula-
tion of walking described in this chapter is its exclusion of
the nervous system. The simulation was performed open
loop; that is, the muscle excitations were not modulated
by reflexes. This is true of most dynamic simulations of
movement generated to date, particularly those involving
the lower extremity. However, simulations that are driven
by neural networks and/or central pattern generators, that
include simplified models of the nervous system, are being
developed (e.g., 39,61,92). The incorporation of accurate
representations of sensory-motor control (e.g., 94) into dy-
namic simulations of abnormal movements is one of the
most critical challenges to be overcome if models are to be
developed that can predict the outcomes of treatments.

Analysis Challenges

Characterizing the functions of muscles and extracting the
principles that govern muscle coordination from dynamic
simulations is nontrivial. Three approaches for quantify-
ing the actions of muscles were illustrated in this chapter,
but each of these analyses has limitations. Our method for
decomposing the ground reaction force, as performed in
Example 1, assumes rigid contact between the foot and
the ground. To the extent that contact is not rigid, a por-
tion (usually a small portion) of the reaction force cannot
be explained (2). Calculations of muscle-induced acceler-
ations, as performed in Example 2, rely on an accurate
decomposition of the ground reaction force, and depend
on the degrees of freedom that are included (or not in-
cluded) in the model. Perturbation analysis, as performed
in Example 3, provides an intuitive method for assessing
how a muscle influences movement (i.e., not just accelera-
tions, but also velocities and positions) by altering muscle
force and quantifying the changes in movement over time.
However, the results of perturbation analyses can be mis-
leading if the perturbations in muscle force are too large or
if the time windows over which perturbations are applied
are too long. We believe that improved methods for ana-
lyzing simulations will evolve by applying these and other
techniques to a range of research problems and critically
evaluating the results.

Experimental observations and a theoretical frame-
work are needed to establish a scientific basis for the
treatment of gait abnormalities. Before a simulation of
walking can be used to make treatment decisions, the
simulation and the underlying model must be tested. If
possible, simulation results should be compared with ex-
perimental data to verify that a particular simulation is
of sufficient fidelity to answer the clinical question being
posed. Sensitivity studies must be performed to determine
whether the conclusions drawn from analysis of a simula-
tion are sensitive to variations in model parameters, espe-

cially if a direct comparison with experimental data is not
feasible. Ultimately, controlled clinical studies are required
to determine if the insights gained from simulations can
indeed improve treatment outcomes.

Experiments and Theory

We believe that a comprehensive explanation for how mus-
cles are coordinated to produce gait is emerging. This be-
lief is supported by the convergence of findings between
some experimental and theoretical studies. For instance,
it was no surprise in Example 1 that the plantarflexors are
largely responsible for the second maximum in the verti-
cal ground reaction force (Figure 12-7D); this was inferred
previously from several experimental studies, and a num-
ber of simulations have confirmed a cause-effect relation-
ship. Other results from our simulation-based analyses of
walking are more surprising. For example, our finding that
hamstrings weakly accelerate the knee toward extension
during stance (Example 2, Figure 12-9) was unexpected.
It is the unexpected findings from simulations, and the
reconciliation of these findings with what we believe we
already know from experiments, that have the potential to
deepen our understanding of walking.

With the development, analysis, and testing of muscle-
driven dynamic simulations, we are now in a position to es-
tablish quantitative, cause-effect relationships between the
neuromuscular excitation patterns, muscle forces, ground
reaction forces, and motions of the body that are observed
in the laboratory. Coupled with high quality experimental
measurements, dynamic simulations will be used to elu-
cidate how the elements of the neuromusculoskeletal sys-
tem interact to produce movement and, we hope, improve
the outcomes of treatments for persons with movement
disorders.
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